
HAL Id: hal-03858167
https://cnrs.hal.science/hal-03858167

Submitted on 17 Nov 2022

HAL is a multi-disciplinary open access
archive for the deposit and dissemination of sci-
entific research documents, whether they are pub-
lished or not. The documents may come from
teaching and research institutions in France or
abroad, or from public or private research centers.

L’archive ouverte pluridisciplinaire HAL, est
destinée au dépôt et à la diffusion de documents
scientifiques de niveau recherche, publiés ou non,
émanant des établissements d’enseignement et de
recherche français ou étrangers, des laboratoires
publics ou privés.

Hot electron relaxation and energy loss rate in silicon:
Temperature dependence and main scattering channels

R. Sen, Nathalie Vast, Jelena Sjakste

To cite this version:
R. Sen, Nathalie Vast, Jelena Sjakste. Hot electron relaxation and energy loss rate in silicon: Temper-
ature dependence and main scattering channels. Applied Physics Letters, 2022, 120 (8), pp.082101.
�10.1063/5.0082727�. �hal-03858167�

https://cnrs.hal.science/hal-03858167
https://hal.archives-ouvertes.fr


Hot electron relaxation and energy loss rate in silicon: Temperature

dependence and main scattering channels
R. Sen,1 N. Vast,1 and J. Sjakste1, a)

Laboratoire des Solides Irradiés, CEA/DRF/IRAMIS, École Polytechnique, CNRS, Institut Polytechnique de Paris,
91120 Palaiseau, France

(Dated: 7 February 2022)

In this work, we revisit the DFT-based results for the electron-phonon scattering in highly excited silicon.
Using state-of-the-art ab initio methods, we examine the main scattering channels which contribute to the
total electron-phonon scattering rate and to the energy loss rate of photoexcited electrons in silicon as well
as their temperature dependence. Both temperature dependence and the main scattering channels are shown
to strongly differ for the total electron-phonon scattering rate and for the energy loss rate of photoexcited
electrons. Whereas the total electron-phonon scattering rate increases strongly with temperature, the tem-
perature dependence of the energy loss rate is negligible. Also, while acoustic phonons dominate the total
electron-phonon scattering rate at 300 K, the main contribution to the energy loss rate comes from optical
modes. In this respect, DFT-based results are found to disagree with the conclusions of [Appl. Phys. Lett.
114, 222104 (2019)]. We explain the origin of this discrepancy, which is mainly due to differences in the
description of the electron-phonon scattering channels associated with transverse phonons.

PACS numbers: 63.20.kd,63.20.dk,72.10.−d,72.80.Ey

Although apparently well-studied1–6, the electron-
phonon coupling in silicon continues to attract atten-
tion from both experimental and theoretical point of
view7,8 and even to arouse debate9. One of the reasons
for this continuing interest is the outmost importance of
the electron-phonon coupling in silicon for simulation of
transport in numerous devices10,11.

In the present work, we examine, using methods based
on density functional theory (DFT), the temperature de-
pendence and the main scattering channels of the energy
loss rate of the photoexcited electrons in silicon, due to
the electron-phonon scattering. For photoexcited carri-
ers, one can identify two distinct relaxation regimes, both
determined by the electron-phonon scattering: one is re-
lated to the loss of the initial momentum (redistribution
of carriers in the Brillouin zone), and the other to the
energy transfer from electrons to phonons12,13.

Recently, the rate of energy transfer from electrons to
phonons in silicon (referred to as the energy relaxation
rate in Refs. 8, 12, and 13, and energy loss rate in other
works14) has been measured by two-photon photoemis-
sion experiment over a large range of photoexcited elec-
tron energies, at 300 K, and found in good agreement
with DFT-based calculations8. However, the tempera-
ture dependence of the energy transfer rate has not been
examined in Ref. 8. Moreover, the main scattering chan-
nels responsible for the energy transfer from electrons to
phonons in silicon have been discussed recently in Ref. 9,
and, surprisingly, it has been concluded that the energy
of hot electrons is mostly lost by transfer to acoustic
phonons, contrarily to common belief14. In this work,
we will clarify the positioning of DFT results with re-
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spect to the main channels of the energy transfer from
electrons to phonons.
This letter is organized as follows: First, we will

present very briefly the technical details of our calcu-
lations, and remind the reader of the definition of the
energy transfer rate from electrons to phonons. Then,
we will present the DFT results for the temperature de-
pendence of the energy transfer rate and for the main
electron-phonon scattering channels which contribute to
the energy transfer. Finally, we will discuss the main dif-
ferences between the electron-phonon coupling parame-
ters obtained by DFT and the ones used in the Monte
Carlo (MC) simulations of Ref. 9, in order to clarify the
origin of the discrepancy in the identification of the main
scattering channels.
The total electron-phonon scattering rate, or self-

energy, is implemented, e.g., in the EPW code15 and
defined in numerous other works13,16,17:

τ−1
nk = Γem + Γabs (1)

where

Γem =
2π

~
Σmν

∫

dq

ΩBZ

|gmnν(k,q)|
2×

(Nq,ν + 1− fm,k+q)δ(εn,k − εm,k+q − ~ωqν)

Γabs =
2π

~
Σmν

∫

dq

ΩBZ

|gmnν(k,q)|
2×

(Nq,ν + fm,k+q)δ(εn,k − εm,k+q + ~ωqν)

(2)

Here, all emission and absorption processes allowed by
energy and momentum conservation are taken into ac-
count. gmnν(k,q) stand for the electron-phonon matrix
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FIG. 1. Upper panel: Total electron-phonon scattering rate of
hot electrons in silicon, at 300 K and 0 K. Initial state along
the Γ − X direction in the Brillouin zone. The theoretical
DFT-based results from Tanimura et al.8 and Fischetti et al.9

at 300 K are also shown. Lower panel: Energy loss rate from
electrons to phonons, at 300 K and 0 K. The results obtained
by the Monte Carlo simulation method from Fischetti et al.9

at 300 K is also shown (the correspondence between field and
excess energy was taken from Ref. 11).

elements between electronic states with m and n band
numbers, coupled via the phonon mode ν. Nq,ν stand
for phonon population numbers (Bose-Einstein distribu-
tion), fn,k is the electron Fermi-Dirac distribution func-
tion, εn,k are electron eigenenergies and ωqν are phonon
frequencies. The total electron-phonon scattering rate
expresses the probability for an excited electron to change
its initial momentum, i.e. to be scattered elsewhere in the
Brillouin zone, it was referred to as ”momentum scatter-
ing rate” in some of our previous works12,13,18.

The energy relaxation rate, or, equivalently, the rate
of energy transfer to phonons, reads13,14,16:

δE

δt
= Γemωem − Γabsωabs =

2π

~
Σmν

∫

dq

ΩBZ

ωqν |gmnν(k,q)|
2×

(Nq,ν + 1− fm,k+q)δ(εn,k − εm,k+q − ~ωqν)−

−
2π

~
Σmν

∫

dq

ΩBZ

ωqν |gmnν(k,q)|
2×

(Nq,ν + fm,k+q)δ(εn,k − εm,k+q + ~ωqν)

(3)

In this work, we used the method of calculation of the
electron-phonon matrix elements based on the density
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FIG. 2. Contributions of the acoustic and optical channels to
the total electron-phonon scattering rate and to the energy
loss rate of hot electrons in silicon, at 0 K and at 300 K.
Initial state along the Γ −X direction in the Brillouin zone.
Upper panel: Acoustic and optical phonon contributions to
the total electron-phonon scattering rate. Thick solid lines:
acoustic (black) and optical (green) contributions to the total
electron-phonon scattering rate at 300 K. Symbols with thin
lines: acoustic (black circles) and optical (green squares) con-
tributions to the total electron-phonon scattering rate at 0 K.
Lower panel: Acoustic and optical phonon contributions to
the energy loss rate. Thick solid lines: acoustic (black) and
optical (green) contributions to the energy loss rate at 300 K.
Symbols with thin lines: acoustic (black circles) and optical
(green squares) contributions to the energy loss rate at 0 K.

fuctional perturbation theory (DFPT)19,20 and interpo-
lation in the Wannier space15,21. We used both the EPW
code15 and the independent implementation of Ref. 21,
with identical results. Our DFT calculations were per-
formed within the LDA approximation. All technical de-
tails of our calculations are provided in Supplemental In-
formation (SI).
While the total electron-phonon scattering rate in-

volves the sum of emission and absorption probabilities
over all possible final states, the rate of energy transfer
to phonons involves, contrastingly, the difference between
emission and absorption13,14,16 (see eqns. 1-3).
In Fig. 1, we show the comparison between the total

electron-phonon scattering rate (top panel) and energy
transfer rate (bottom panel) for silicon as a function of
electron excess energy, at 300 K and at 0 K. In Fig. 1,
we have considered the initial electronic states along the
Γ−X direction in the Brillouin zone (see SI, subsection
I.E). As one can see in Fig. 1 (upper panel), our calcu-
lated total scattering rates of hot electrons in silicon (at
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FIG. 3. Contributions of the acoustic (black squares) and op-
tical (green diamonds) channels to the total electron-phonon
scattering rate and to the energy loss rate of hot electrons
in silicon, at 300 K. Results averaged over the initial elec-
tronic states belonging to the constant energy isosurfaces of
varying excess energy. Upper panel: Acoustic and optical
phonon contributions to the total electron-phonon scattering
rate. Lower panel: Acoustic and optical phonon contributions
to the energy loss rate.

300 K) are found in close agreement with the work of Fis-
chetti et al.9 as well as with our previous work8, in which
a different implementation of the Wannier interpolation
of the electron-phonon matrix elements was used21. Also,
the results of Ref. 4 (not shown in Fig. 1) are very close to
the ones presented here. The results of Ref. 8 are shown
in order to demonstrate that different implementations
of the Wannier interpolations yield the same results, as
expected. The calculated energy loss rates of hot elec-
trons at 300 K are shown in the lower panel of Fig. 1.
As one can see in the lower panel of Fig. 1, DFT-based
energy loss rates are found to be close to the energy loss
rates obtained by the MC simulations in Ref. 9.

The upper panel of Fig. 1 demonstrates that the to-
tal electron-phonon scattering rate grows strongly with
temperature, due to the growing populations of acous-
tic phonons. In contrast, as shown in the lower panel of
Fig. 1, the energy transfer rate is found to be essentially
independent of temperature, as the changes due to tem-
perature in both emission and absorption contributions
cancel each other. It must be noted that in the case of
GaAs13, the energy transfer rate was even found to de-
crease with growing temperature (see NOTE 1 in SI).

In Figs. 2 and 3 we analyse the contributions of the
optical and acoustic modes to the total electron-phonon

scattering rate and to the energy transfer rate. Recently,
Fischetti et al.9 have discussed the relative contributions
of the electron-phonon scattering channels involving op-
tical and acoustic phonons, to the energy loss rate of hot
electrons in silicon. The discussion was mainly based on
the results of the MC simulations11, coupled to effective
electron-phonon coupling constants which were obtained
by a fit of the experimental data. However, density func-
tional theory (DFT) calculations were also mentioned:
Fischetti et al. performed DFT-based calculations of the
total electron-phonon scattering rates for the hot elec-
trons as a function of excess energy, at room temperature.
These calculations demonstrated that at room tempera-
ture, the acoustic phonons play a dominant role in the
total electron-phonon scattering rate. This data provided
an additional argument which led the authors of Ref. 9
to the conclusion that the DFT result agrees with their
previous calculations of Ref. 11, and that, contrarily to
the common belief, both theoretical approaches suppos-
edly indicated that the energy of hot electrons is mostly
lost by transfer to acoustic phonons. Here, we clarify the
positioning of the DFT results with respect to this issue.

First, we note that we find the contribution of the
acoustic phonons to the total scattering rate of hot elec-
trons at 300 K to be comparable to that of the opti-
cal phonons when the initial states are considered along
Γ−X direction (Fig. 2, upper panel, solid lines). More-
over, we find the contribution of the acoustic phonons
to be the dominant one when considering the results
averaged over the initial electronic states belonging to
the constant energy isosurfaces (Fig. 3, upper panel), in
agreement with Fischetti et al.. However, in contrast to
room temperature results, at 0 K, the contribution of the
optical phonons to the total scattering rate is found to be
the largely dominant one (Fig. 2, upper panel, symbols).
Therefore, the dominant role of the acoustic phonons in
the total electron-phonon scattering rate of hot electrons
in silicon at 300 K predicted by DFT is due to the in-
crease of the populations of acoustic phonons at room
temperature (Fig. 2, black curves). However, as already
mentionned, it cancels out when the difference between
emission and absorption is considered, as shown in the
lower panel of Fig. 2. Indeed, as one can see in Figs. 2
and 3 (lower panels), the optical phonons are found by
DFT to be the dominant channel of the energy relaxation
of hot electrons in silicon at 300 K (as well as at 0 K), in
agreement with the common belief14. Therefore, we con-
clude that, according to our DFT results, the main scat-
tering channels in silicon at room temperature are differ-
ent for the total scattering rates and for the energy loss
rates, as was predicted by Ref. 14. We also note that this
result does not araise from the symmetry selection rules
for electron-phonon transitions between high-symmetry
points and directions22, because the same conclusion can
be drawn from the results where the initial state was cho-
sen along the Γ − X direction in the BZ (Fig. 2) and
from the results where the average over initial state be-
longing to equal energy isosurfaces (see SI section I.E )
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was made (Fig. 3).

Contrastingly to the DFT result, the scattering rates
obtained in Refs. 9 and 11 by the MC simulations pre-
dict the acoustic phonons to be dominant in the energy
relaxation of the hot electrons in silicon9,11. Below, we
discuss the main reasons for this difference.

Whereas the electron-phonon coupling constants are
calculated ab initio by the DFT-based methods, con-
trastingly, simulations based on the MC method use a
limited number of effective constants representing the
main scattering channels which are obtained by a fit of
experimental data11,23. The choice of the main scattering
channels may differ from one work to another. Because of
this, the effective constants representing electron-phonon
scattering may differ considerably in different works. Ta-
bles comparing available data for silicon can be found
e.g. in Refs. 6 and 11. In Ref. 11, one can find a table
comparing the effective constants which describe the in-
travalley electron-phonon scattering as well as the inter-
valley electron-phonon scattering between ∆ valleys used
in various works based on the MC simulations. In Ref. 6,
a table comparing the DFT results to the other effective
constants which describe the intervalley electron-phonon
scattering between ∆ valleys of the lowest CB can be
found.

One must note that some experimental informa-
tion is available only for the long-wavelength electron-
phonon coupling constants (intravalley deformation po-
tentials)24,25: tables comparing the available theoreti-
cal and experimental data for intravalley acoustic defor-
mation potentials in silicon were published in Refs. 26–
28. In contrast, unfortunatelly, there is no experiment
which can distinguish between different short-wavelength
(intervalley) electron-phonon scattering channels for hot
electron relaxation, so that such an information always
comes from theory. The experimentally determined val-
ues of the effective electron-phonon scattering constants
which can be found in litterature are determined indi-
rectly from transport or spectroscopy data, and depend
heavily on the models used to fit the experimental data
(e.g. the number and the nature of the main channels)26.
At the same time, short-wavelength (intervalley) scatter-
ing represents the main scattering channel for electrons
excited above the second CB minimum8,13, which is the
case under discussion in the present work. Therefore, no
reliable experimental data can be added to the discussion
of the values of the (mostly intervalley) electron-phonon
coupling constants for highly excited electrons which fol-
lows below.

Note also that the values of the electron-phonon ma-
trix elements in silicon obtained with DFT-based cal-
culations over various directions in the BZ were shown
and discussed in Ref. 3. Overall, our DFT-based results
are found, as expected, to be very similar to the ones of
Ref. 3 and to other previous DFT-based works2,4. One
must note that is this work, we do not take into account
the quadrupolar interaction2,29,30 in the Wannier inter-
polation (see SI, section I.C).

We next discuss the effective values of the electron-
phonon coupling constants for highly excited electrons,
which differ e.g. from the values at the bottom of
the first CB which were discussed in Ref. 6. Follow-
ing Ref. 11, no explicit distinction is made for scatter-
ing between different valleys, and/or short/long wave-
length scattering. The effective DFT-based values of
the electron-phonon coupling constants presented here
in Table I were obtained by a fit on our calculated to-
tal electron-phonon scattering rates for the initial state
in the lowest conduction band and in the second con-
duction band, at excess energy which ranges between 1
and 3 eV, using the same models as the ones used in
Ref. 11: for acoustic modes, the electron-phonon defor-
mation potentials in eq. (1) were replaced by ∆accq, and
for optical modes, by a constant Dopt. Note that de-
formation potentials Dmnν , usually discussed in litter-
ature, and the electron-phonon matrix elements gmnν

of eq. (1) are related simply by a proportionality coef-
ficient: Dmnν(k,q) =

√

2Mωqνgmnν(k,q)
31, where M

is the mass of the unit cell31.

While fitting the effective electron-phonon coupling
constants to reproduce the ab inio result of eq. (1), the
DFT-based descriptions of the band structure and of the
phonon dispersion were left unchanged, therefore no ef-
fective mass model was necessary for the fit.

The DFT-based effective electron-phonon parameters
for the highly excited electrons in silicon, obtained with
the above-described method, are shown in the first col-
umn of Table I.

In previous DFT calculations, the electron-phonon ma-
trix elements for transverse acoustic phonons (TA) were
found to be systematically lower than the ones for the
longitudinal acoustic phonons (LA), as was discussed in
Ref. 3. As for the optical branches, all three of them
were found to provide important scattering channels for
excited electrons, according to the DFT results3. The
same conclusions can be drawn from our DFT-based re-
sults shown in Table I.

In Table I, the effective DFT-based values of the
electron-phonon coupling constants are compared to the
values which were used in Ref. 11, taking into account
some additional details provided in Refs. 27 and 32. See
NOTE 2 in SI for detailed explanations.

As one can see from table I, the effective constants de-
scribing the longitudinal modes (LO and LA) are quite
similar in DFT and in Refs. 11 and 32. The main dif-
ference between DFT-based results and the effective con-
stants of Ref. 11 resides in the description of transverse
channels: while DFT attributes relatively less impor-
tance to TA channels, the model of Refs. 11 and 32
neglects completely the role of TO channels. This dif-
ference in the description of the transverse (TA and TO)
electron-phonon scattering channels between the two the-
oretical methods leads to the opposite conclusions con-
cerning the roles of optical and acoustic branches in the
energy loss. As already mentioned, no distinction was
made for intervalley/intravally processes, and therefore
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This work (DFT) From Refs. 11 and 32

lowest CB

∆acc, TA, eV 0.9-1. 2

∆acc, LA, eV 1.9-2.2 2

Dopt, TO, eV/Å 1.6-2.0 -

Dopt, LO, eV/Å 1.7-2.4 2.5

second CB

∆acc, TA, eV 1.2-1.3 2.5

∆acc, LA, eV 1.8-1.9 2.5

Dopt, TO, eV/Å 2.2-2.4 -

Dopt, LO, eV/Å 3.0-3.2 2.7

TABLE I. Effective parameters of the electron-phonon cou-
pling in the CB of silicon, ajusted from the total electron-
phonon scattering rates calculated by DFT at 300 K, with
the same models as those of Refs. 11 and 32, compared to
parameters from Refs. 11 and 32 (see text).

the constants of table I represent the effective values
which contain both intervalley and intravalley contribu-
tions. However, our analysis (not shown here, see Ref. 8)
shows that for highly excited electrons, the intervalley
contribution is largely dominant for all scattering chan-
nels. Therefore, the difference between the two meth-
ods resides in the description of intervalley TA and TO
scattering channels. From the point of view of applica-
tions, such as transport simulations, such a difference has
probably very little impact, and therefore both methods
yield reliable numerical results, as was shown in numer-
ous works1,11.

In conclusion, we have shown that the rate of en-
ergy transfer from highly excited electrons to phonons
has a negligible temperature dependence. Moreover, we
have demonstrated, on the basis of DFT results, that
the dominant electron-phonon scattering channels may
differ for the total electron-phonon scattering rate and
for the energy loss rate. This fact, pointed out pre-
viously, e.g., in Ref. 14, turns out to play an impor-
tant role in silicon at room temperature. The semi-
empirical Monte Carlo method of Ref. 11 and DFT-
based results are found to disagree with respect to the
main channels of energy transfer from hot electrons to
phonons in silicon, due to the important differences in
the description of the electron-phonon scattering chan-
nels associated with transverse phonons. Our results
show that methods which involve a model description
of the electron-phonon coupling with a limited number
of channels are not suitable to provide insight into the
relative importance of different electron-phonon scatter-
ing mechanisms, because the fitted effective constants are
biased by the initial choice of channels. Instead, DFT-
based calculations should be used to obtain information
on the dominant electron-phonon scattering channels and
should guide the choice of models/channels used in the
Monte Carlo simulations.

SUPPLEMENTARY MATERIAL

All technical details of our calculations are provided in
SI. Also, Note 1 and Note 2 mentionned in the text are
provided in SI.
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